DPE THI THU THPT QUOC GIA NAM 2018 - LAN 1
Bai thi: TOAN
Thoi gian lam bai: 90 phit, khong ké thoi gian phat dé

TRUONG DAL HQC VINH
TRUONG THPT CHUYEN

(Pé thi gom 06 trang)

A e o Ma dé thi 485
Ho vaten thi SINN: oo, So bao danh: ..... acde
Cau 1: Tat c4 cdc nguyén ham ctia ham s6 f(z) = cos 2z Ia
i 1. 1. .
A.sin2z+C. B. Esm 22+ C. C. —Esm2x+0. D. 2sin2z +C.
T =2t
CAu 2: Trong khong gian Ozyz, mot vécto chi phuong ctia dudng thing A :jy = —1+¢ 1A
z=1
A m(2; —1; 1). B. v(2; — 1; 0). C. w21 1). D. n(—2; — 1; 0).
Cau 3: Trong mat phang Oxy, cho cic diém A, B nhu hinh v& bén.
Trung diém cua doan thang A B biéu dién sb phirc 'i“ —
A. =1+ 2i, B. —%+ 2i. §
1 TSR JI
C.2-i D. 2—=i. ‘T |
2 | .
2 0 1 =
Cau 4: Phuong trinh In (:Ez + l). In (:L’Z - 2018) =0 c¢6 bao nhiéu nghiém?
A. 1l B. 4. C. 3. D. 2.
Cau 5: Trong khéng gian Ozyz, cho diém M (1; 2; 3). Hinh chiéu ctia M 1én truc Oy la diém
A. S(0; 05 3). B. R(1; 0; 0). C. Q(0; 2; 0). D. P(1; 0; 3).
CAu 6: Cho ham s6 y = f(x) xéc dinh va lién tuc trén [—2; 3] . |_2 0 1 5
va c6 bang xét dau dao ham nhu hinh bén. j | } _ 0
Ménh dé nao sau diy dung vé ham so da cho? [(@) I *
A. Pat cyc tiéu tai z = —2. B. Pat cuc tiéu tai = =3.
C. Pbat cuc dai tai x =0. D. Pat cuc dai tai z =1.

Cau 7: Cho hinh phang (D) dugc gii han béi cac duong =0, =1, y=0 va y=+/2z+1. Thé tich V

ctia khéi tron xoay tao thanh khi quay (D) xung quanh truc Oz duoc tinh theo cong thirc
1

1 1 1
A. V=7Z'J.\/2x+ld:1:. B. V:ﬂj(2x+l)dx. C. V=_[V2m+1dac. D. V:J.(Z:L“+l)dx.
0 0 0

0
CAu 8: Puong cong & hinh bén 13 d thi ciia ham sb nao sau day? y

A.y:x4—3x2+1.

B.y:a:2—3x+1. /ll\
3 2 0 x

C.y=z"-32"+1. \/ \/

D.y:—x4+3x+1.

Cau 9: Gia st a, b 1a cac sd thuc duong bat ky. Ménh dé nao sau ddy sai?
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A. log(10ab)* = 2(1+loga + logb). B. log(10ab)® = 2+ 2log(ab).

C. log(10ab)? = (1+loga +logh)’. D. log(10ab)? = 2 + log(ab)>.
Cau 10: Trong khéng gian Ozyz, cho hai mit phang (a):2+2y—2—1=0 VA
(B) : 22 + 4y — mz —2 = 0. Tim m dé hai mit phiang («) va (3) song song véi nhau.

A-om=1. B. Khong ton tai m. C. m=-2. D.m=2.

CAu 11: Cho hinh hop dimg ABCD.A' B'C'D’ ¢6 canh bén AA’ = h va dién tich ciia tam giac ABC bang
S. Thé tich cua khédi hop ABCD.A' B'C’'D’ bang

1 2
A. V:§Sh. B. V:§Sh. C. V = Sh. D. V = 28Sh.
Cau 12: Ham s6 nao trong cac ham sb dudi day khong lién tuc trén R ?
A.y=|:c|. B.y= T C. y=sinux. D.y= v
z+1 |z|+1

CAu 13: Cho hinh tru c6 ban kinh day bang R, chiéu cao bang h. Biét rang hinh tru d6 c6 dién tich toan phan
gap d6i dién tich xung quanh. Ménh d& nao sau dy ding?

A h=12R. B. h=2R C.R=h D. R = 2h.

Cau 14: Cho k, n (k< n) 1a cac s6 nguyén duong. Ménh dé nao sau déy sai?
|
AC=—T"___ B A=nlC" C. Ab =k1C", D. CF=C"",
kY.(n—Fk)! ’ ’ ’ ’ ’ ’

CAu 15: Cho ham sé y = f(z) c6 d6 thi nhu hinh v& bén. vl

Ménh d& nao sau day ding vé ham sb d6? \/

A. Nghich bién trén khoang (=3; 0). , \

B. Pong bién trén khoang (0; 2). :

X , o]\
C. Dong bién trén khoang (-1; 0). \/
D. Nghich bién trén khoang (0; 3). P - :

Cau 16: D6 thi ham s6 y =

- c6 tat ca bao nhiéu tiém can ding va ti€ém can ngang?
-1
A. 4. B. 2. C. 1. D. 3.
Céau 17: Gieo mot con stc sac can doi va dong chat. Gia sir sic sac xuat hién mat b cham. Xac suat dé

phuong trinh 2° + bz +2 = 0 ¢6 hai nghiém phén biét 1a

A. E B. l C. E D. z
2 3 6 3
Cau 18: Trong khéng gian Ozyz, cho diém M(1; 0; —1). Mit phang (a) di qua M va chira truc Oz c6
phuong trinh 1a
A z4+2=0. B.y+z+1=0. C.y=0. D.z+y+2=0.
CAu 19: Cho hinh ling try dimg ABC.A'B'C" ¢6 day ABC la tam A C
giac vuodng can tai A, AB = AA’ = a (tham khao hinh v& bén). Tinh
tang clia goc giita dudng thang BC' va mit phang (ABB'A’). B
RS 5. 2,
3 \7_ Al (04
C. 2. p. Y6, i
3 5

Cau 20: Cho ham s6 f(x) = log,(2z +1). Gia tri caa f'(0) bang
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2

A —.

In3

CAu 21: Cho hinh chép tir gidc déu S.ABCD c6 day ABCD la hinh

vuong canh 2a, ttam O, SO = a (tham khao hinh vé& bén). Khoang
cach tir O dén mit phang (SCD) bang

B. 2. C. 2In3. D. 0.

A ﬁ. B. \/ga.
2
c. Noa p. Nba
5 3
¢ d
Cau 22: Tich phén bang
'([\/3:1: +1
A. § B. E C. E D. i
2 3 3 3
Cau 23: Cho ham s6 y = f(z) c6 dao ham f'(z)=2° — 2z, Vz € R. Ham s6 y=—-2f(x) ddng bién trén
khoang
A. (0; 2). B. (-2; 0). C. (2; + ). D. (—o0; —2).
CAu 24: Gia tri nh6 nhat cia ham sd y =1+ 2 +i trén doan [—3; —1] bang
x
A. 5. B. 5. C. 4. D. -6.
Cau 25: Goi z,, 2, la cac nghiém phirc cua phuong trinh 2* —82+25=0. Gia tri cua |zl - z2| bang
A. 6. B. 5. C. 8. D. 3.
R . ) . . x—1 y-—-2 2z-3 . p
Cau 26: Trong khdéng gian Oxyz, cho duong thang d: N = 5 = I va mat phang

(a): x4+ y—2z—2=0. Trong cac dudng thang sau, dudng thing nao nim trong mit phing (o), dong thoi
vudng goc va cat dudng thang d ?

:1:—5:y—2:z—5 B A 'x+2:y+4:z+4
—2 I -3 2 -1
r—2 y—4 z-4 x—1 y-—1
C. A2: — — . D A4: = ==
1 -2 3 3 -2

A. AB:

— |

CAu 27: C6 bao nhiéu sb phitc z théoa man diéu kién 2 = |z|2 +77?

A. 4. B. 2. C. 3. D. 1.
Cau 28: C6 bao nhiéu gié tri nguyén ctia m € (—10;10) dé ham s§ y = m?z* — 2(4m —1)x2 +1 dong bién
trén khoang (1, + o) ?

A. 15. B. 7. C. 16. D. 6.

, 9 Cr e Y
Cau 29: Cho khai trién (3 -2z + .7;2) =ay2"® + ax™ +a,2" +---+ ay. Gidtri ciia a,; bang

A. —804816. B. 218700. C. —174960. D. 489888.
1 2
Cau 30: Cho f(z) lién tuc trén R va f(2) = 16, j f(2z)dz = 2. Tich phan j 1f'(x ) bing
0 0
A. 28. B. 30. C. 16. D. 36.
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Cau 31: Cho hinh 1ap phwong ABCD.A'B’'C'D’ canh a. Goi A

A L2 \ D
M, N lan luot 1a trung diém ciia AC va B’C’ (tham khao hinh 3 M
v& bén). Khoang cach gitta hai duong thaing MN va B'D’ bang B — %
A. \5a. 5, Y5a. L
5 4/"»——7’, ————————————————— D!
C. 3a. D. 2. ,
3 B N c

1 . .
Cau 32: Cho (P):y =2 va A(—Q; EJ Goi M 1a mot diém bat ki thuoc (P). Khoang cach MA bé

nht 1
a2 5.2, c ¥, SR
2 4 2 3
Cau 33: Mot vién gach hoa hinh vudéng canh 40 cm. Nguoi thiét
ké d sir dung bdén duong parabol co chung dinh tai tim cua vién
gach dé tao ra bodn canh hoa (duoc t6 mau sam nhu hinh v& bén).
Dién tich mdi canh hoa ctia vién gach bang

A. @cmr‘) B. @cmg
3 3
C. 250cm?. D. 800cm?

CAu 34: Nguoi ta tha mot vién billiards snooker co dang hinh cau véi ban kinh
nho hon 4,5cm vao mot chiéc coc hinh try dang chira nude thi vién billiards do6

tiép xtc voi day coc va tiep xtic voi mat nude sau khi dang (tham khao hinh vé
bén). Bi€t rang ban kinh cta phan trong day coc bang 5,4 cm va chicu cao cia

muc nude ban dau trong cbe bang 4,5 cm. Ban kinh ciia vién billiards d6 bang
A. 4,2cm. B. 3,6 cm.
C. 2,6 cm. D. 2,7 cm.

CAu 35: Biét rang a 1a sb thuc dwong dé bat phuong trinh a” >9x +1 nghiém dang véi moi = € R. Ménh
de nao sau day dung?

A ae[104;+oo). B. ae(103;1o4]. C.ae(0; 102]. D. ae(102;103].

Cau 36: Goi a la s thuc 16n nhat dé bat phuong trinh 2° —z+2+a In(:zz2 -z +1) >0 nghiém dung véi
moi z € R. Ménh dé nao sau day dung?
A. ae(6;7]. B. ae(2;3]. C. ae(—6;—5]. D. a € (8;+x).
CAu 37: Cho hinh lang try dtmg ABC.A'B'C’ ¢6 day ABC la Ar c
tam giac vudng, AB = BC = a. Biét rang goc giita hai mat phang
(ACC") va (AB’C") bang 60° (tham khao hinh vé& bén). Thé tich

ctia khdi chop B ACC'A’ bang
3 3
AL B. L.
3 6
3 3
c. L. D. V30 :
2 3

B!
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Cau 38: Gia st 2, 2, 1a hai trong sb céc s phiic 2z thoa man ‘ZZ +\/§—2" =1 va |z1 —22| = 2. Gia tri 16n
nhét cia |zl| +|z2| bang

A. 3. B. 24/3. C. 32. D. 4.
Cau 39: Cho db thi (C):y =z®—3z>. C6bao nhiéu sb nguyén b € (—10; 10) dé c6 dung mét tiép tuyén cua
(C) di qua diém B(0; b)?

A.17. B. 9. C. 2. D. 16.

: 2

Cau 40: Cho ham s6 f(z) thoa man (f'(z)) + f(z).f"(x) = 152" + 122, Vz e R va f(0) = f(0) = 1.
Gia tri ctia f*(1) bang

c. 10. D. é

2
Cau 41: Trong khong gian Oxyz, cho mit phang (o) :z — 2z —3 =0 va diém M(1;1;1). Goi A la diém

A. 8. B.

N | ©

thudc tia Oz, B 1a hinh chiéu cia A Ién (o). Biét rang tam gidc MAB can tai M. Dién tich ciia tam giac
MAB bang

A c. o D. 33.

CAu 42: Cho ham s6 y = f(x) c6 dao ham lién tuc trén R.

Bang bién thién cta ham s6 y = f'(x) dwoc cho nhu hinh vé& z (-1 0 1

. (3]
)

bén. Haim s6 y = f (1— gj + 2 nghich bién trén khoang e

A. (2;4). B. (-4;-2).
C. (-2;0). D. (0;2).

Cau 43: Cho ham s6 y= f(z) c6 dao ham lién tyc trén doan [0;1} va f(0)+ f(1)=0. Biét

1 , _1
.([f (SC)dl‘ _57

O ey —

’ T . :
f'(z) cos radzr = 3 Tinh .([f(:c)dx

A 37 B 2. C. .

2 V4
Cau 44: Cho hinh chép S.ABCD c6 d¢ay ABCD 1a hinh vudng canh
a, mit bén SAB 1a tam giac déu va nam trong mit phang vudng goc
voi mit phang (ABCD). Goi G 1a trong tim ciia tam giac SAB va
M, N lan luot 13 trung diém cia SC, SD (tham khéo hinh v& bén).
Tinh césin clia goc giita hai mat phing (GMN) va (ABCD).

13
J3 5 739
e

C. —.
6

Cau 45: Cho ham s6 y = f(z) c6 dao ham f'(z) = (z — 1)*(z° — 22), v6i moi = € R. C6 bao nhiéu gia trj
2

nguyén duong ctia tham s6 m dé hamsé y = f(z”> — 8z +m) ¢6 5 diém cuc trj?
A. 16. B. 17. C. 15. D. 18.
CAu 46: C6 bao nhiéu gia trj nguyén 4m cua ¢ dé& dd thi ham s6 y = z° + (a +10)2° — z +1 cét truc hoanh
tai dang mot diém?
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A. 9. B. 8. C. 11. D. 10.
CAu 47: Gia sir a,b 1a cac sb thuc sao cho z° + y° = a.10% +5.10* dung véi moi cac sb thuc duong z,v, 2
théa man log(z +7) = z va log(z® + y*) = z+1. Gia tri ciia a +b bing
A -2 B. -2, c. 3 p. 2.
2 2 2 2

Cau 48: Trong khong gian Ozyz, cho hai diém A(10; 6; —2), B(5;10; —9) va mit phang
() :22 42y +2—12=0. Diém M di dong trén mit phiang (a) sao cho MA, MB luén tao véi () cac
goc bang nhau. Biét rang M ludn thuoe mot dudng tron (w) cb dinh. Hoanh do cua tim duong tron (w) bang
A. % B. 2. C. 10. D. —4.

Cau 49: Trong khong gian Ozyz, cho mit phang (a):2z+y—22—2=0, duong thang
r+1 y+2 z+3
1 2

song v6i d dong thoi cach d mot khoang bang 3. Pudng thang A cat mat phiang (Ozy) tai diém B. Do dai
doan thing AB bang

A. Z B. Z C. @ D. é
3 2 2 2

Cau 50: Trong mat phang Ozy, cho hinh chir nhat OMNP véi M(0;10), N(100; 10) va P(100;0). Goi
S 14 tap hop tat ca cac diém A(z; y), (r, y € Z) nim bén trong (ké ca trén canh) cia OMNP. Liy ngiu
nhién mot diém A(x; y) € S. Xac suatdé z +y <90 bang
ach B, 213 c. p. 5%
1111 500 200 101

d va diém A[%; 1; 1]. Goi A 1a dudng thing ndm trong mit phang (a/), song
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LOI GIAI CHI TIET
PE THI THU THPT QUOC GIA NAM 2018 — LAN 1
TRUONG THPT CHUYEN - PAI HQOC VINH

Caul: Papan B

. . 1 .
Phuong phap: St dung cong thiic nguyén ham co ban: J.cos nxdx =—sinnx +C
n

Céach giai: Ta c6: Jf(x)dx = jcos2xdx = %sin 2x+C

Cau 2: Pap an D

Phuong phap:
X =X, +at

+ Cho phuong trinh duong thang A:{y =1y, +bt. Khi d6 ta biét duong thang Adi qua diém
z=1z,+ct

M (X,;¥,)va co vVTCP u= (a;bsc).

+ Chu ¥: Véc to 1a mot VICP cia A thi ku(k € Z) cling 1a mdt VTCP cta A,

Cach giai:

Tacod VTCP ctia A 1a: u= (2:1,0) = n= (=2;-1;0) ciing 1a mot VTCP cia A

Cau3: Papan B

Phuong phap:

+ 86 phitc z=a+bi(a,b € Z)duoc biéu dién bsi diém M (a;b) trén mit phing xOy.

< _Xa +Xp
=
+ Toa d6 trung diém I cua AB la: 2
_YaTVs
X
2

Cach giai:
Dua vao hinh v& ta thiy: A(-2;1),B(1;3)= M(—%QJ =z=——+2i

Cau4: Papan D

Phuong phap:
f(x)=0
+ Giai phuong trinh tich: f(x)g(x) =0 { (X)
g(x)=0
f(x) >0
+ Giai phuong trinh logarit: log, f(x)=b <
f(x)=a’




Cach giai:
X >+/2018
X <—/2018

In X2+1)=O

Piéu kién: x>-2018>0 < x* >2018<:>{

Ta c6: In(x*+1)In(x*~2018) =0 <
In(x* ~2018) =0

x>+1=1 x2=0(1) x=+2019 . , A

= = & nén phuong trinh c6 2 nghiém.
x*=2018=1 |x*=2019(tm) |x=-/2019

Cau 5: Pap an C

Phuong phdp: Diém M(a;b;c) c6 hinh chiéu trén truc Ox, Oy, Oz lan luogt la:

M, (a;0;0),M, (0;b;0)va M, (0;0;c).

Cach giai: Hinh chiéu ciia M 1én truc Oy la Q(0;2;0)

Cau 6: Pap an C

Phuong phap:

+ Duya vao bang bién thién dé nhan xét.

+ Diém cyc dai va diém cyc tiéu ciia ham sé y =f(x) 1a nghiém ctia phuong trinh y'=0.

+Piém x = X, la diém cuc dai ciia ham s6 néu qua diém d6 ham s6 d6i dau tir duong sang am.

+ Piém x = X,la diém cuc tiéu ciia ham s6 néu qua diém d6 ham sé d6i 4m tir duong sang

duong.

Cach giai:

Duya vao bang bién thién ta suy ra dd thi ham sb dat cuc dai tai x =0, dat cuc tiéu tai x =1.

Cau 7: Pap an B

Phuong phép: Quay hinh phing dugc giéi han boi cac d6 thi ham s6 y =f(x);y =g(x)va céc

duong thing x =a;x = b(a < b) quanh truc Ox ta dugc khdi tron xoay co thé tich dugc tinh
b
theo cong thitc: V = TE.HfZ (x)-¢’ (x)‘ dx

Cach gidi: Ta c6 V = nj(\/2x 1) dx =ch.(2x +1)dx
0

0
Cau 8: Pap an A
Phuong phap:

+ Dya vao d6 thi ham sb dé dua ra nhan xét va chon ham sb hop 1y.




Céach giai: Dya vao dd thi ham sb ta théy dd thi ham sd ct truc hoanh tai 4 diém phan biét, co
3 cuc tri va nhan tryc tung lam truc ddi xung nén dd thi cta ham sb 1a d6 thi cia ham trung
phuong.

Cau 9: Pap an C

Phuong phap:

+ Str dung cac cong thure co ban cua ham logarit.

Cach giai:

Ta c6: log(lOab)2 =2log(10ab) =2(1+loga+logb)=>dap 4n A dung.

log(loab)2 = 2(10g10 +log(ab))=2+2log(ab)=> dép 4n B ding.

log(loab)2 =2(log10+loga+logb)=2(1+loga+logb)=>déap an C sai.

Cau 10: Pap 4n B

Phuong phap:
. a):ax+by+cz+d, =0
Cho hai mit phing: () :ax+byy+ez+d, .Khido(a)//(g)@ﬂzizi d,
(B):a,x+b,y+c,z+d, =0 a, b, ¢, d,
Céch giai:
, m - =2
Pé () //(p)thi 2=2 ="M 2 17 L e
1 2 -1 -1 m=#2

Cau 11: Pap an D

Phuong phap:

+ Cong thuc tinh thé tich hinh hop chit nhat 1a: V = S,h

Cach giai:

Ta c6: S,5cp =2S,5c =2S= Vigep amen =25h

Cau 12: Pap an B

Phuong phap:

Dua vao tinh chit lién tuc ctia ham sb.

Cach giai:

TXD: D=R\{l}. D4 thi ham s0 y = ﬁ khong lién tyc tai diém x =—1.

Cau 13: Pap an C
Phuong phap:
+ Cong thuc dién tich xung quanh va dién tich toan phan cua hinh tru la:

S, =27RLS, =21R1+27R?

Cach giai:
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Taco: S, =2S, < 2nRh+2nR* =4nRh < R =h
Cau 14: Pap an B
Phuong phap:

+ Cong thirc chinh hop: A¥ = (nZl;OSkSn;neZ)

n!
(n—k)!
n!

k!(n—k)!(

+ Cong thic t6 hop: C* = n>1;0<k<n;neZ)

Cach giai:

Ta co: A¥ =k!.C* nén dép 4n B sai.

Cau 15: Pap an C

Phuong phap:

+ Dua vao d thi ham sé nhan xét nhitng dic diém cua d thi va chon két luan ding.

Cach giai:

Duya vao d0 thi ham s6 suy ra do thi ham s dong bién trén (=1;0) va (2;+o0), nghich bién trén
(—o0;-1) va (0;2).

Cau 16: Pap an D

Phuong phap:

+ Duodng thing x =a dugc goi la tiém can dimg cia dd thi ham s y=f(x) néu:

limf(x) =+

X—a

+ Duong thang y=b dugc goi 1a tiém cdn ngang ciia d0 thi ham so y=f(x) néu:

lim f(x)=b

Cach giai:

TXD: D =(—o0;-1)U(1;+o0)

Do thi ham sb ¢6 tiém can dang x =1.
1

1+—
Tacd lim y= lim X —=1= tiém can ngang y=1.

X—>+0 X—>+0 1 \/I

e
1+ 1 1
Laico lim y= lim X_— =—1= tiém can ngang y =-1.
X—>—00 X—>—00 \/ 1 _\/T
~ 1=
X

D6 thi ham sb Y= co tht ca 3 can dang va tiém cén ngang.

x -1

11



Cau 17: Pap an D

Phuong phap:

+ Phuong trinh ax’ + bx +c¢ =0 c6 hai nghiém phan biét < A >0
Cach giai:

Phuong trinh x° +bx + 2 = 0¢6 hai nghiém phan biét < A=b>-8>0

Vib 1a s6 chdm ciia con stic sic nén 1<b<6,be N = be{3;4;5;6}

Viay xac suat can tim la

N

2
3
Cau 18: Pap an C

Phuong phap:

+ Phuong trinh duong thang di diém M(x,;y,;2,) va c6 VIPT n= (a;b;c¢)co phuong trinh:
a(x—x0)+b(y—y0)+c(z—zo) =0.

+ Hai vecto u;v cung thudc mot mit phang thi mat phang d6 c6 VTPT la: n= [ﬁ, ﬂ

Cach giai:

Mat phéng (a) chua diém M va truc Ox nén nhan i = [O—M;u—OX ] la mét VTPT.

-1
°l 0 1

i of)=(0:-10)

b

OM=(L;0;-1) . . _
S Al o s N O
U, =(1;0;0)
Két hop véi (o) di qua diem M(L;0;—1) = (a):—y—(y-0)=0<y=0
Cau 19: Pap an B
Phuong phap:
+ Xac dinh goc gitta duong thing BC’ va mit phang (ABB'A")sau d6 dua
vao cac tam giac vuong dé tim tan ciia goc do.
Cach giai:
) {C’A' LA'B'
Ta co:

= C'A'L(ABB'A")=(BC"(ABB'A"))=C'BA'
C'A'LA'A
A'C' a

a
= tan(BC";,(ABB'A'))=tanC'BA'= = =
(BC ) A'B- JA'B"+BB” +a’+a’

2| S

Cau 20: Dap 4n A
+ Str dung cong thire tinh dao ham cua ham sé: (loga f(x))’ =

Cach giai:

12



Taco (x)= (2(31)11113 (2x +21)1n3 =00)=13
Cau 21: Pap 4n A
Phuong phap:
+ Tinh khoang c4ch tir O dén (SCD)sau d¢ st dung céc cong thire tinh nhanh @€ tinh.
Céch giai:
Xét tir dién SOCD ta c6: SO,0C, 0D d6i mdt vuoéng goc voi nhau
SNGE IS S T
d> SO* 0oC* oD’

véi d(0;(SCD)).

C6 BD =+vBC? +CD? =+/2.42 = 2a2

Canh oc:0D=%=aJ§:d—=—+ s de
a

Cau 22: Dap 4n B

Phuong phap:

+ P0di bién va d6i can dé don gian biéu thirc can tinh tich phan.
+ Str dung cong thirc tinh tich phan ciia cac ham co ban dé tinh.
Cach giai:

Pt V3x+1 =t = t* =3x +1=> 2tdt = 3dx

2

w | N

, x=0=>t=1 | r
Dc‘)icén:{ :>I dx Il.zt
0 1t

2
—dtjgdt:%t
x=1=t=2 3 43 3

I
Cau 23: Dap 4n A

Phuong phap:

+Hamsd y= f(x)déng bién trén R < y'>0v6i moi x e R

Céch giai:

Taco: y'=-2f'(x)>0=f'(x)<0x*-2x<0 0<x<2

Céau 24: Pap an C

Phuong phap:

+ Giai phurong trinh y'=0 dé tim cic nghiém x = X,

+ Ta tinh cac gia tri y(a);y(x;);y(b) va két ludn gi4 tri nho nhat cta ham s trén doan [a;b]
Céch giai:

Ham s6 da xé4c dinh va lién tuc trén [-3;—1].

13



Xx=-2 (e [—3;—1])

Ta co: y':l—izzy'=0<:>x2 =4
x x=2(¢[-3;-1])

Tinh y(-3)=-—ly(-1)=—4;y(-2)=-3= [{I;;ifll]y =—4

Cau 25: Dap 4n A

Phuong phap:

+ Giai phuong trinh bac hai 4n z trén tap sd phic.
+ Cho s6 phitc z=a+bi(a,beR)=|7| =\Jal+b?
Céch giai:

Taco 2*~82+25=0<(z-4) =-9=9"

z, =4+3i

., =4_3i:>|21—22|=|6i|=6

<:>|z—4|:3i<:>[

Cau 26: Dap an A

Phuong phap:

Goi duong thiang can tim 1a d’

Goi A=dn(a)=Aed' Timtoa dd diém A.

n, = [uj,%} 1a 1 VTCP cta duong phang d’

Cach giai:

Goi d’ 1a dudng thing can tim, goi A=dn(a)=Aed'
x=1+t

Tacod d:qy=2+2t(teR)= A(t+L2t+2;t+3)
z=3+t
Ma A e(a)=> (t+1)+(2t+2)—(t+3)-2=0= A(2:44)
ud:(l;2;1) N,
Laicod 4 D[ud;n(a)]:(—3;2;—l)lé mot VTCP cta d’
ng, =(L1;-1)

Két hop v6i d’ qua A(2;4;4)=d: x=2_y-4_z-4 & Xx=5_y=2_z-5
-3 2 -1 3 -2 1

Cau 27: Pap an C
Phuong phap:

a=a'

Goi z=x +yi, thay vio giai thiét va so sanh hai s6 phitc a+bi=a'+bi' < {b b

Cach giai:

14



Gid st Z=eryi(x,ye]R):>(x+yi)2 =(x2+y2)+(x—yi)

2xy =-—
@Xz—y2+2xyi:x2+y2+x—yi©{ zy Zy .
X" -y =Xx"+y +Xx
(y=0 ]
x=y=0
y=0 {sz Y
1
__1 1 X=-=
Silx=— o |x=_1 <& 2
2 7 )
2y’ +x=0 =t—
yorx 2y2—%=0 772

Do d6 ¢6 3 s6 phirc z thoa mén bai toan.

Cau 28: Pap an C

Phuong phap:

Dé ham sé dong bién trén (I;+0)=>y'>0Vx € (l;+00) va y'=0tai hitu han diém thuge
(l;+oo)

Cach giai:

Tacd y'=4m’x’ —4(4m—1)x = 4)((m2X2 —4m+l)

Dé ham s6 ddng bién trén

(L+o) < y'20,Vx €(L+0) < m’x* —4m+12 0, Vx & (1;+) (1)

RO rang m = 0thoa man (1).

Véi m = 0thi
m=#=0
4m-1 4m-1 m#0
(x> vxe(L+m) o ———<lad | oi[m=2+43
m m m —-4m+1>0
mSZ—\/g

me(—lO;lO)

= me {4;5;6,7;8,9;-9;-8,~7;-6; -5, —4;-3;-2;—1}.
meZ

Két hop véi {

Vay c6 16 gia tri cia m thoa man yéu cau bai toan.
Cau 29: DPap an A
Phuong phap:

Str dung khai trién nhij thirc Newton (a + b)n = Z Ciﬁa"’kbk

k=0
Hé s6 a,, 1a hé s cua s hang chira x’. Tim hé sb cua sb hang chira x°.
Céch giai:
k

Ta co: (3—2x+xz)9 = ZCESH.(XZ —2x)

9
k=0

15



Hé s6 a,; thudc s6 hang a,;x’ nén véi k >4 thi s& khong thoa mén.
V6i k=2=C5.374 (X7 —2x)k =78732(x” - 2x)2 =78732(x" —4x> +4x7)

Iy k 29k o2 k 2 3 6 4 2 2 3
Vi k=3 C5.37 (x ~2k) =61236(x” ~2x) =61236(x" ~3x" 2x+3x"(2x)" ~8x’)
Do do a,, =78732.(—4)+61236.(~8) = 804816
Cau 30: Pap 4an A
Phuong phap:

2
+Patan phu t=2x tinh [f(x)dx

2
+ Str dung phuong phap tich phan timg phan tinh J.x.f '(x)dx.
0

Céch giai:
1 ) =0=t=0
Xet [f(2x)=2, dat 2x =t 2dx = dt < dx = L. Péi can -
2 x=1=t=2

:>2=%jf(t)dt :j.f(x)dx=4

0

Dit

u=x du =dx
:
dV:f'(x)dx v="f(x

Cau 31: Dap an

2
xf (x)dx =x.f (x)[5=[ £(x)dx = 2f (2) -4 =2.16-4 =28

0

© Ty 1

Phuong phap:

Céch 1: Gan hé truc toa 46 Oxyz sao cho A'(0;0;0), B'(1;0;0);D'(0;1;0); A(0;0;1). Xéac dinh
toa do cac diém M, N.

St dung cong thic tinh khoing cich giita hai duong thang chéo nhau

[

d(MN;B'D") = AT

Cich 2: Xac dinh mit phing (P) chita B’D’ va song song v6i MN, khi do
d(MN;B'D')=d(B'D"(P))=d(0;(P))(véi O la trung diém ciia B'D").

Céch giai:
Cach 1: Chon h¢ truc toa d vi A'(0;0;0) y P

I M
B'(1;0;0); D'(0;1;0); A (0;0;1), C(L;1;1); C'(1;1;,0); B : “ #
B(1;0:1);D(0;1:1) h

A;L::f‘:r V] D
A
& el —

16



Taco: M l;l;l ;N 1;1;0
22 2

Khi d6 B'D'=(—1;1;0);W=G;O;—1j

Suy ra [B'—D’,M—N] = (—1;—1; %lj

‘[B'D';W].NB’

NR!' _ .1. . " 1 R'D') —
NB _EO’E’O):{B D,MN].NB ——E:d(MN,B D')= ‘[ﬁ)‘;ﬁﬁ]‘

Céch 2: Goi P 14 trung diém cta C' D' suy ra d = d(O;(MNP))

MO.OE a2

Dung OE L NP;OF | ME = d =0F = ————— trongd6 MO =a;0E=——=d =
VMO’ +OF’ 4

a
3
Cau 32: Pap an C

Phuong phap:

Goi M(a;a”)(P),tinh MA”theo a va tim GTNN ciia MA’

Cach giai:

Goi M (a:a?) = MA? =(a+2)2+( -%j ~f(a)

Khi d6 f'(a)=2(a+2)+2(a2— j.2a=4a3+4=0<:>a=—1

1
2

Lai co: limf(a) =400 = l\/gnf(a) = f(—l) :§:> MA . :g

Cau 33: Diap 4an B
Phuong phap:

+ Gan hé truc toa do Oxy sao cho tam O trung véi tam cua vién gach hinh vuong. Xac dinh toa
d6 cac dinh cua hinh vudéng.

+ Tinh dién tich cia mot canh hoa ¢ goc phan tu thir nhat. Xac dinh cac phuong trinh parabol
tao nén canh hoa d6.

+ St dung cong thirc ing dung tich phan dé tinh dién tich hinh phéng.

Cach giai:

Chon hé truc toa do nhu hinh vé: ‘ i

Véi A( 20;20),xét hinh phang & géc phan tu thir nhat.

Hai Parabol c6 phuong trinh lan luot la: y =ax”(P,)va x =ay’ (P, )

17



20 1

Do Parabol (P,)qua diém A(20;20)=a = =20
Do Parabol (P,)qua diém A (20;20)
20 1 ¥

Da=—=—=y="—y=+20

YT 20 T T2 T YT

(s 2 o x| _ 400
S= 20x —— |dx =| =420x°’ - =— | =—

!( 20} (3 60}0 3

Cau 34: Pap an D
Phuong phap:

+ Tinh thé tich cia myc nudc ban dau V,

20

+ Goi R 14 ban kinh ciia vién billiards hinh cau, tinh thé tich khéi cau V,

+ Tinh thé tich muc nudc lac sau V
+ Tir gia thiét ta c6 phuong trinh V =V, +V,,tim R.
Céch giai:

Thé tich myc nuée ban dau la: V, = nrth, = 1.5,4°.4,5

Goi R 1a ban kinh cua vién bi ta c6 sau khi tha vién bi vao coc, chi€u cao cua muc nudc bang

2R, do d6 tong thé tich cia nudc va bi sau khi tha vién bi vao trong cde la:

V=mn.(2R)=n.5,4’2R
A or 5 5 A \ 4 3
Thé tich cua qua cau la: V(C) = ETER

Tacé: V=V, +V, < 5,42.4,5+§R3 _5.420R

Giai phuong trinh trén voi diéu kién R <4,5=R =2,7cm

Cau 35: Dap 4an B
Phuong phap:

Chuyén vé, dua phuong trinh vé dang f(x)20Vx eR < min f(x)=0

Céach giai:
Xéthamsé f(x)=a"-9x-1(xeR)

Ta co: £(0)=0;f'(x)=a"Ina—9

bé f(x)>0(Vx eR)thi l\/gnf(x) =0=f(0)= f(x)1a ham dong bien trén [0;+o0) va nghich

bién trén (—o0;0]suyra f'(0)=0<>a’lna=9 < a=¢’ ~8103.Vay ae(103;104]

Cau 36: Dap an A
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Phuong phap:
bit t=x* —x +1,tim khoang gi tri cta t.
Xét bat phuong trinh f(t) > 0 trén khoang vira tim duge < M(t)>0

Cach giai:

2
bat tZXZ—X-I-l:(X—lj +EZ
2 4

MW

Khi d6 BPT tré thanh f(t)=t+1+alnt20(t e{%;JrooD
Ta cb: f'(t)=1+%=0<:>t=—a

Mait khac lim f(t) = +oo; f 3 =Z+aln§
4) 470y

t—>+0

Véi a>0= f(t)dong bién trén B;MJ

:>f(t)20 ‘v’te[é;JrooJ <:>Minf(t)=z+aln§20
4 S 4 0y
4
-7
@aln%k%@asizao& Vi dé bai yéu cau tim sb thuc 16n nhét nén suy ra ae(67].
In=

W

Cau 37: Dap 4n A
Phuong phap:

v

2 . : .
pacca =V =Vipie = EV’ voi V 1a thé tich khoi lang try.

Tinh thé tich khéi lang tru.

Cach giai:
A
Dyng B'M L A'C'= B'M L (ACC'A") N
Dyng MN L AC'= AC' L (MNB') \ SOy
\ .
Khi d6 ((AB'C');(AC'A")) = MNB'=60’ \
\.\‘.\,‘f /Jfl \‘-__
' AN e
Taco: B'M = & —MN=—2M a/o N
2 tanMNB' 6 -
4
Mat khéc tan AC'A'= N _ AA
C'N A'C'
J6 av2

Trong do MNzaT;MC'zT:C'Nz C'M2-MN? =22
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Suy ra AA'=a

a3

v=_
3

Thé tich lang try V =

B'.BAC

2 3
AD 'AA%SVB',ACC'A':V_V :V—%

(SSH )

Cau 38: Pap an D

Phuong phap:

+ Tir gid thiét |iz +/2 ~i| =1, tim ra duong biéu dién (C)ctia cac s6 phire 7

+Goi A, B 1an luot 1a diém biéu dién cua z,;z, = |z, —z,| = AB = vi trf cia AB déi véi duong
tron (C).

= |z,|+|z,| =OA + OB

+ St dung cong thirc trung tuyén tinh OA* + OB’

+ Str dung BDT Bunhiascopsky tim GTLN cua OA + OB

Cach giai:

Ta co: ‘iz+\/§—i‘ =1<:>‘i(x+yi)+\/§—i‘ —1v6i (z=x+yi(x;y eR))

= (x —1)2 +(y—\/§)2 =1= M(X;y) biéu dién z thuéc dudng tron tim I(l;\/z) ban kinh
R=1.

Lai cé: |zl| + |zz| =0A+0OB

OA’+0B’ AB’
2

= OA’>+0B’ =8

Mit khac theo cong thic trung tuyén ta c6: OI° =

Theo BDT Bunhiascopsky ta cé: 2(OA” +OB’)> (OA +OB) = OA+0B <4

Cau 39: Dap an
Phuong phap:

+ Viét phuong trinh tiép tuyén cta dd thi ham s6 tai diém c6 hoanh do
X, y—y'(xo)(x—x0)+yo

+ Thay toa d6 diém B vao phuong trinh tiép tuyén, suy ra phuong trinh c¢6 dang b =f (XO) tim
diéu kién ctia b dé phuong trinh d6 c6 nghiém duy nhat.

+ Phuong trinh b = f(x, ) ¢6 nghiém duy nhét khi va chi khi duong thing y =bcit d6 thi ham
s6 y= f(x,)tai mot diém duy nhit. Lap BBT cua d6 thi ham sé y = f(x,)va két luan.

Cach giai:

Phuong trinh tiép tuyén cua (C)tai M (xo; x) —3x; ) c6 dang:

y:(3xé—6x0)(x—xo)+xg—3xé
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Do tiép tuyén di qua diém (0;b) = b= (3x§ — 6x0)(—x0)+ x) —3x; =-2x; +3x,

Dé c6 diung mot tiép cta (C)di qua B(0;b) thi phuong trinh b =-2x; +3x;c6 duy nht mot

nghiém.
o 3 5 5 x=0=>y=0
Xéthamso y=-2x"+3x" =2 y'=—6x"+6x=0<
x=1=y=1
BBT:
X —0 0 1 +00
y' - 0 + 0 -

b>1
b<0

Duya vao BBT ciia d6 thi ham sb suy ra PT ¢6 1 nghiém khi {
V6i be(-10;10)= be{-9;-8;-7;-6;-5—4;-3;-2;-1;2;3;4;5,6;7;8;9} = ¢6 17 gia tri
nguyén ctia m thoa mén yéu cau bao toan.
Cau 40: Pap an A
Phuong phap:
+ Nhan xét VT = [f(x).f'(x):l'
+ L4y nguyén ham hai vé hai lan.
Cach giai:
, 2 4
Ta co: [f(x).f'(x)]‘ = [f’(x)] +f(x).f"(x)=15x" +12x
Nguyén ham 2 vé ta duge f(x).f'(x)=3x"+6x"+C
Do £(0)=£'(0)=1=C=1

Tiép tuc nguyén ham 2 vé ta duoc: If(x)df(x) = I(SXS +6x° +1) dx

2 6 3
:>f (X)=3X O D=Lk o x4 D
2 6 3 2
Do f(O)zl:Dz%:fz(x):%X6+2x3+X+%:fz(1)=4

Cau 41: Pap an C
Phuong phap:
+Goi A(0;0;a),(a >0)viét phuong trinh duong thing AB di qua A va vudng goe véi (o)

+ B=ABnN(a)tim toa d9 diém B theo a.
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+ Tam giac MAB cén tai M = MA = MB, tim a.
. e —=
+ Str dung cong thure tinh dién tich S,,,,; = 5‘[MA;MB]‘

Cach giai:

Goi A(0;0;a)(a>0),vi AB L mp(a)= Phuong trinh duong thang (AB):4y =0

7=
Ma B=ABn(a)= B(t;0;a—t)va Bemp(a):t:(a—t)—3:0<:>t:a;3
ido B(T,O, 5 j: W:(—a—H;l;S%a)

2 2
AM = BM < AM* = BM* @2+(1_a)2 =1+(a“) +(5-a)

4
2
(:)212—221+2=—2a —ia+26
©2a°=18<a’=9<a=3(a>0)
AM=(L1-2) .
_ ( ):[AM;BM]=(3;3;3)
BM =(-2;1;1)
Viy dién tich tam gi4c MAB 14 S,,,,, = %\W;WB‘ - %

Cau 42: Pap an B

Phuong phap:

Tinh g'(x), gii bat phuong trinh g'(x) <0

Cach giai:

Taco g(x)= f(l—%}rx = g'(x) :—%.f'(l—gj+l;‘v’x eR

Xét bét phuong trinh g'(x) <0 < —%.f'(l—%jﬂ <0 f'(l—%j >2 (¥)
Thir 1an luot ting dap an

bap an A: xe(2;4)<:>1—%6(—1;0)z>f'(1—§j>1:>dép an A sai

Dép én B: XE(—4;—2)©1—%€(2;3)3f'(l—%j>23B déng.
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Pép én C: x e(—2;0)<:>1—§e(l;2):>—1<f'(1—§j<2:>€ sai

Pép én D: xe(o;z)c»l—%e(o;l):—kf‘[l—%)d:m sai.

Cau 43: Pap an B
Phuong phap:

1
+ Str dung phuong phap ting phan ddi véi tich phan jf '(X).cosnxdx.
0
1
+ Str dung két qua j[f(x)+k.sin 7'cx]2 dx =0 tinh f(x)
0

1
+ Ly tich phan tir 0 dén 1 ca 2 vé tinh J.f(x)dx
0

Cach giai:

U = COSTX du = —msin mxdx
bat =

dV=f'(X)dx V=f(x)

1 1
Ta co jf'(x).cosnxdx = f(x).cosnx| é+njf(x).sin nxdx
0 0

:—[f(1)+f(0):|+nif(x).sinnxdx =g:> jf(x).sinndx =%

0

1 1 1 1
Xét J-I:f(x)ntk.sin nx:l2 dx =0 jf2 (x)dx+2k.jf(x).sin nxdx +k2.jsin2 (nx)dx =0
0 0 0 0

1 2
@%k2+2k.%+%=0<:>(k+1)2 =0 k=-1.Suyra ![f(x)—sinnx] dx =0

1 1

1
Vay f(x)=sinnx = jf(x)dx :Isin nxdx =—

0 0

COSTIX

1 1 2
— ==
T T T

X

0

Cau 44: Pap an D
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Phuong phap:
Goi H 1a trung diém ciia AB= SH L (ABCD)

Gin hé toa do Oxyz,
H(O;O;O),S(O;O;ﬁj,A(—l;O; Oj;B(l;O;Oj;C(l;l;OJ,D(—l;l;Oj
2 2 2 2 2
Goi n;n, lan Iuot 1a VTPT cua mat
ey
(GMN);(ABCD) = cos((GMN);(ABCD)) = W
n,|.|n,

Cach giai:
Goi H 1a trung diém cua AB.Vi (SAD) L (ABCD) = SH L (ABCD)

Gan hé toa d6 Oxyz, véi

H(O;O;O),S 0;0;£ A —1;0;0 ;B l;0;0 ;C l;1;0 ,D —1;1;0
2 2 2 2 2

Khi do G(O;O;g],M(l;l;ﬁj,N(—%;%;iJ

o, :[@;m]:[o;_g;ij
Va mat phiang (ABCD)c6 véc to phap tuyén la n, = n(ascp) = k = (0;0;1)
” n n,
Vay cosin goc gitra hai mat phang (GMN),(ABCD)coso. = ‘Li ‘f_ = 2\1/33,_9
n,|.|n,

Cau 45: Pap an C
Phuong phap:

voi

phang

bat g(x)= f(x2 =8x +m),tinh g'(x) va gidi phuong trinh g'(x )= 0, tim diéu kién dé phuong

trinh ¢6 5 nghiém phan biét va qua cac nghiém do g'(x) d6i dau.
Cach giai:
x =4

Ta co g'(x):(Zx—S)f'(xz—8x+m):0<:> f'(x2—8x+m):0 (*) (I)

Ma f'(x)z(x—l)z(x2 —2x)z(x—1)2 .x(x—2);‘v’xeR
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x> —8x+m—-1=0 1)

(
Suy ra (*)<:>(X2 —8x+m—1)2 ()(2—8>(er)()(2 —8X+m—2)=0<:> x*—8x+m=0 (2)
(3)

Qua céc nghiém cia phuong trinh (1) (néu c6) thi g'(x)déu khong doi dau. Do dé ta khong

x?—8x+m—-2=0

x¢t phuong trinh (1).
Pé ham sd di cho ¢o 5 diém cuc tri khi va chi khi phuong trinh (2); (3) ¢6 2 nghiém phan biét
khac 4.

16—-m>0

16-m+2>0
= = m<l6
-16+m=0

-18+m=0
Két hop me Z" =c¢6 15 gia tri m can tim.
Cau 46: Pap an D
Phuong phap:
Xét phuong trinh hoanh d giao diém x* +(a+10)x”> —x +1=0,¢d 14p a, dua phuong trinh vé
dang a=f(x), phuong trinh c6 nghiém duy nhit < dudng thing y = a cit do thi ham sb
y =f(x)tai mot diém duy nhét, 1ap BBT va két luan.
Cach giai:
Phuong trinh hoanh d¢ giao diém cua (C)va OX 1a x* +(a+10)x* —x+1=0  (*)

3_

D@ thiy x = 0khong la nghiém ctia phuong trinh (*). Khi d6 (*) < -a-10= XX—);H

. X —x+1 1 1 X +x-2
Xéthamso f(x)=————=x——+—, cO f'(x)=—— =0 x =1

() =22 L g () -2

Tinh lim f =+o0; lim f =+o0; lim f = —o0; lim f =+o0;f(1)=1.
inh lim (x) +o0; lim (x) +o0; lim (x) ; lim (x)=+00;f (1)
BBT:
X —00 0 1 +00
y' - - 0 +

+0 +0 +o0

—o0 1

Dua vao bang bién thién, ta thy f(x)=—a—10c6 nghiém duy nhit < -a—-10<l<a>-11
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Cau 47: Pap an D
Phuong phap:

log(x+y)=z +y =10
( ) P R = x> +y’ =10(x+y)
x> +y* =10""=10.10

log(x2+y2):z+1
Thay 10* =x +yvao x° +y° =a.10™ +b.10%*, bién d6i, thé va dong nhat hé sd.
Cach giai:
) log(x+y)=z x+y=10"
TaCO 2 2 = 2 2 +1
log(x +y )=Z+l X +y =10" =10.10"

=x>+y’ =10(x+y)
Khidé x* +y' =a.10% +b.10% & (x+y)(x* ~xy+y*) =a.(10°) +b.(10°)’
@(x+y)(x2 —Xy+y2)=a.(x+y)3 +b.(x+y)2 S X —xy+y’ =a.(x+y)2 +b.(x+y)
b b
S xP—xy+y’ =a.(x2 +2xy+y2)+ﬁ.(x2 +y2)<:> x> +y’ —xyz(a+ﬁj.(x2 +y2)+2a.xy
_ _ 1

\ . , + =
bong nhat hé so, ta dugc a 10 = 2.Vay a+b= 2_29
2a=-1 b=15

Cau 48: Dap 4n B

Phuong phap:

+Goi M(x;y;z)= toa do cac véc to AM; BM

+ Goi H, K 14n lugt 13 hinh chiéu ctia A, B 1én (oc) ,c0 AMH = BMK

+ Tinh sin cic goc AMH; BMHK va suy ra dang thirc. Tim quy tich diém M 1a mot duong
tron.

+ Tinh tam cua dudng tron quy tich do.

Cach giai:

Goi M(x;y;z) = AM :(X—IO;y—6;z+2);§l\7I =(x—-5,y-10;z+9)

Goi H, K lan luot 13 hinh chiéu cua A, B 1én (a),c6 AMH = BMK

|2.10+2.6-2-12)] |2.5+2.10-9-12]

AH=d(A;(P =6;BK =d(B;(P
( ( )) m ( ( )) \/22+22+12
AH
sin AMH = ——
Khi d6 EAI?:ﬂ:%:MA=2MB<:>MAZ:4MB2

Suy ra (x=10)" +(y=6)" +(2+2)" =4 (x=5)" +(y~10)" +(z+9)"|
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2 2 2
<:>X2+y2+22—?X—%y+%z+228=0©(8):[x—£j +(y—ﬁj +(z+%) =40 co

3

. 10 34 -34

tam [} —;—;——
(3 3 3 j

Vay M e(C)la giao tuyén cta (o) va (S)= Tam K cua (C)1a hinh chiéu cta

10 34 -34 .
I| —;—;—— |trén mat phang (o).
(3 3773 j phéng (o)
x:m+2t
3
. 2 . A L . , 34
Phuong trinh duong thang di qua I va vudng goc voi (o) co dang {y = 3+ 2t
34
z=——+t
3

:>K[&+2t;ﬁ+2t'—ﬁ+tj,Ke(a):>Z(EJF2tj+2[ﬁ+2tj+(—ﬁ+tj—12=0
3 3 3 3 3 3
<:>9'[+6=0©t=—§:>K(2;10;—12):>XK =2

Cau 49: Pap an B
Phuong phap:

+Kiém tra d = (o)

+ Goi B=An(Oxy)=B(a;b;0)=Be(a), thay toa do diém B vao phuong trinh
(o) = Iphuong trinh 2 4n a, b.

+ d//A=d((d);(A))=d(B;(d))=3. Si dung cdng thic tinh khoing cach

[

d(B;(d))= , 1ap dugc 1 phuong trinh 2 4n chira a, b.

s
+ Giai hé phuong trinh tim a, b => Toan do diém B => D¢ dai AB.

Dé thay d L (o) va (-1;-2;-3)e(a) = dc(a)

Tacé B=AN(Oxy)=B(a;b;0) ma BeAc(a)=>2a+b-2=0=b=2-2a

Lai c6 d//A=d((d):;(A))=d(B;(d))=3 . Puong thang d di qua M(0;0;-1) , co
u, =(1:2:2)

BM =(—a;—b;—1):»[§1\71;ﬁ] =(-2b+2;—1+2a;-2a+b)

Do do
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d(B;(d)) _ ‘ﬁ‘ _ \/(2b—2)2 +(1—32a)2 +(2a—b)2 B

Uq

& (2b-2) +(1-2a) +(2a—b) =81 (2-4a)’ +(1-2a) +(4a—2) =81

a=-1
B(-1;4;0
e ncns0)

1-2a= -1
<:>(1—2a)2:9c>[ 2= [a

&
1-2a=-3 a=2 a=2
= B(2;-2;0)
b=-2

7
Vay AB=—
ay 5

Cau 50: Pap an
Phuong phap:

Diém A (x;y) nim bén trong (ké cd trén canh) citaOMNP = 0<x <100;0 < y <10, tinh s6
phan tir cua khong gian mdu n(Q)
Goi X la bién ¢6: “Céc diém A (x;y)théa man x+y<90”. Tinh s6 phén tir cia bién b

X n(X).

Tinh x4c suét ctia bién ¢c6 X: P (X) =

Cach giai:

Diém A (x;y) nim bén trong (ké ca trén canh) cia OMNP = 0<x <100; 0< y <10

C6 101 cach chon x, 11 cach chon y. Do d6 sd phén tir ciia khong gian mau tap hop cac diém
cé toa do

nguyén ndm trén hinh chit nhat OMNP la n(Q)=101x 11.
Goi X 1a bién c6: “Céc diem A (x;y)théa manx +y<90”.

y:0—>X:{0;1;2;...;90}
Vi x €[0;100];y €[0;10]va x+y<90=>| ..........
y=1—>x={0;l;2;...;89}

(81+91).11

Khi d6 ¢6 91+90+...+81= =946 cap (X;y)thc")a man.

n(X) 946 _ 86
n(Q) 101x11 101

Viy xac sudt can tinh [a P =
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